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If X is any Tychonoff space, then any continuous map of X into [0, 1] can be extended (uniquely) to a continuous map of the Stone-Cech compactification of X, j3X, into [0,1]. However, it is not true (for arbitrary X) that every continuous map of X into R can be extended to a continuous map of /3X into R . This leads to the notion of realcompactification of X. 
EXAMPLE 4:
Observe that Q is a realcompact Tychonoff space and P, being a metrizable space with no isolated points, is a weakly Frechet space. Suppose that P is homeomorphic to a subspace of /3Q. Then, by Corollary 3, P would be homeomorphic to a subspace of Q. But Q is countable while P is uncountable. Hence, P is not homeomorphic to a subspace of /?Q.
Noting that vX -pX if and only if X is pseudocompact ([2, 61 and 4, 1.53]), we obtain:
COROLLARY 5 . If X is any Tychonoff space which is not pseudocompact, then PX is not weakly Frechet.
REMARK 6: The above result shows that, while the class of weakly Frechet spaces is very large it certainly does not include all infinite compact Hausdorff spaces. PROOF: AS X is metrizable, it is a normal space. Therefore, if Y is closed in X, Conversely, assume that /3Y is a subspace of f3X. As X is separable metrizable, it is Hausdorff Lindelof, and thus realcompact [1, 3.11.12] . Therefore, by Proposition 11, Y is closed in X. U EXAMPLE 13: The topological space /?Q is not homeomorphic to a subspace of PP.
PROOF: AS P and Q are metrizable, if /?Q C /3P then P would contain a closed copy of Q (by Proposition 11). So it is enough to show that P does not contain a closed copy of Q. This is the case as P admits a complete metric (being a Gg subset of R) while Q does not (as it is not a G 6 subset of R.) (See [1, 4.3.23] 
